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Abstract
Localization is a fundamental issue of wireless sensor networks that has been extensively studied in the literature. The
real-world experience from GreenOrbs, a sensor network
system in the forest, shows that localization in the wild remains very challenging due to various interfering factors. In
this paper we propose CDL, a Combined and Differentiated
Localization approach. The central idea is that ranging quality is the key that determines the overall localization accuracy. In its unremitting pursuit of better ranging quality, CDL incorporates virtual-hop localization, local filtration, and ranging-quality aware calibration. We have implemented CDL and evaluated it by extensive experiments
and simulations. The results demonstrate that CDL outperforms current state-of-art approaches with better accuracy,
efficiency and consistent performance.
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Introduction

Localization is a crucial and critical task for wireless sensor networks (WSNs), which has received substantive attention in recent years. The Global Positioning System (GPS)
are popular localization schemes, but usually fail to function indoors [3], under the ground [10], or in forests with
dense canopies [13]. Range-based approaches measure the
Euclidean distances among the nodes with various ranging
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techniques [19, 15, 20]. They are either expensive with respect to hardware cost, or susceptible to environmental dynamics [23]. Range-free approaches only rely on network
connectivity measurements. However, localization results
are typically imprecise and easily affected by node density.
Mobile-assisted approaches have been proposed [3, 5, 24],
but their use is constrained in certain environments.
This work is motivated by the need for accurate location
information in GreenOrbs [13, 1], a large-scale forest based
sensor network system. An indispensable element in various
GreenOrbs applications is the location information of sensor nodes for purposes such as fire risk evaluation, canopy
closure estimates, microclimate observation, and search and
rescue in the wild. Real-world experiences of GreenOrbs
reveal that localization in the wild remains very challenging, in spite of the substantive efforts present in the literature. Non-uniform deployment of sensor nodes could affect
the effectiveness of range-free localization. Furthermore, for
range-based localization, the received signal strength indicators (RSSI) used for ranging are highly irregular, dynamic,
and asymmetric between pairs of nodes. To make it even
worse, the complex terrain and obstacles in the forest easily
affect RSSI-based range measurements, thus incurring undesired but ubiquitous errors.
Ranging quality determines the overall localization accuracy. Bearing this in mind, recent proposals are focused more
on error control and management. Some of those proposals
enhance the localization accuracy by deliberately reducing
the contribution of error-prone nodes to the localization process [12]. Other schemes improve localization by identifying large ranging errors and outliers, relying on topological
or geometric properties of a network [25, 8].
Ranging quality indeed includes two aspects. One of
them refers to the location accuracy of the reference nodes.
The other concerns the accuracy of range measurements.
The two aspects are equally important with respect to the
impact on the localization results. Most of the proposals,
however, address only one aspect, thus failing to achieve the
desired localization accuracy.
To address the above challenges and limitations, we propose CDL, a Combined and Differentiated Localization approach. CDL inherits the advantages of both range-free
and range-based methods, and keeps pursuing better ranging
quality throughout the localization process. The contribu-

tions of this work are summarized as follows.
1. We propose a range-free scheme called virtual-hop localization, which carefully examines the local connectivity
to mitigate the non-uniform node distribution problem. Using virtual-hop, the initial estimated node locations are more
accurate than those output by other range-free schemes.
2. For better ranging quality, we devise two local filtration
techniques, namely neighborhood hop-count matching and
neighborhood sequence matching. The filtered good nodes
provide high location accuracy.
3. Using the good nodes to calibrate the bad ones, we
employ the technique of weighted robust estimation to emphasize the contributions of the best range measurements,
eliminate the interfering outliers, and suppress the impact of
ranges in-between.
4. We implement CDL with GreenOrbs and evaluate
it with extensive experiments and simulations. The results
demonstrate that CDL outperforms existing approaches with
high accuracy, efficiency, and consistent performance.
The rest of this paper is organized as follows. Section
2 briefly reviews the related work. Section 3 presents realworld observations on GreenOrbs. The design of CDL is
elaborated in Section 4, followed by performance evaluation
in Section 5. We conclude in Section 6.

2

RELATED WORK

The existing work on localization falls into two main categories: range-based and range-free localization.
Range-free approaches, such as Centroid [2], APIT [6],
and DV-HOP [16], mainly rely on connectivity measurements (for example hop-count) from landmarks to the other
nodes. Since the quality of localization is easily affected by
node density and network conditions, range-free approaches
typically provide imprecise estimation of node locations.
Range-based approaches measure the Euclidean distances
among the nodes with certain ranging techniques and locate
the nodes using geometric methods, such as TOA [7], TDOA
[19, 17], and AOA [3, 15]. All those approaches require extra hardware support.
RSSI-based range measurements are easy-to-implement
and popular in practice. Empirical models of signal propagation are constructed to convert RSSI to distance [22]. The
accuracy of such conversions, however, is sensitive to channel noise, interference, and multipath effects. Besides, when
there are a limited number of landmarks, range-based approaches have to undergo iterative calculation processes to
locate all the nodes, suffering significant accumulative errors
[12].
More recent proposals mainly focus on the issue of error
control and management [14, 11]. J. Liu et al. [12] propose
iterative localization with error management. Only a portion
of nodes are selected into localization, based on their relative
contribution to the localization accuracy, so as to avoid error
accumulation during the iterations. Similarly, H.T. Kung et
al. [9] propose to assign different weights to range measurements with different nodes and adopt a robust statistical technique to tolerate outliers of range measurements. The noisy
and outlier range measurement can be sifted by utilizing the
topological properties of a network [8].

A range-free approach beyond connectivity is proposed
in [25]. The signature distance is proposed as a measure
of the Euclidean distance between a pair of nodes. In order
to address the issue of non-uniform deployment, the authors
further propose regulated signature distance (RSD), which
takes node density into account. According to node proximity, each node maintains a neighbor sequence. Based on
the comparison among nodes’ neighbor sequences, RSD is
quantified. This approach needs to be integrated with a certain existing localization approach to function.
Differing with most of the existing approaches, CDL is
a combination of range-free and range-based schemes. It
can independently localize a WSN. CDL addresses the issue of non-uniform deployment with virtual-hop localization (Section 4.1). Utilizing the information of estimated
node locations, RSSI readings, and network connectivity,
CDL filters good nodes from bad ones with two techniques
(Section 4.2), namely neighborhood hop-count matching and
neighborhood sequence matching. CDL pursues better ranging quality (namely more accurate reference locations and
more accurate ranging) throughout the localization process.
This is the most significant characteristic of CDL that distinguishes it from existing approaches.
For ease of presentation, we use the terms “ranging” and
“range measurement”, “location” and “coordinates”, interchangeably throughout the rest of this paper.

3 MOTIVATION
3.1 GreenOrbs
GreenOrbs is an ongoing research project that aims at
building long-term large-scale WSN systems in the forest.
It adopts TelosB motes with MSP430 processor and CC2420
radio. The software running on the nodes is developed based
on TinyOS 2.1.
GreenOrbs currently collects four types of sensor data:
temperature, humidity, illumination and carbon dioxide concentration. The collected data can be utilized to support
a wide variety of applications, such as fire risk evaluation,
canopy closure estimates [13], search and rescue in the wild,
and the like. Specifically, it is always desired for GreenOrbs
to determine potential fire risk areas, to monitor the canopy
closure in geographically dispersed areas, to map the collected environmental factors to concrete vegetation, or to
track moving objects (animals or human beings) in the forest.
To meet these application requirements, location information
of any given sensor node becomes crucial. Thus localization
is a critical task for GreenOrbs.
To date, two GreenOrbs WSN systems have already been
deployed; one in a campus woodland and the other in Tianmu
Mountain, Zhejiang, China. This work is carried out mainly
based on the first system, which currently includes 330 nodes
in a deployment area of about 40, 000m2 . GreenOrbs nodes
are deployed according to the following rule: the majority
of nodes should be deployed where environmental information is required by forestry applications. The rest are then
deployed to improve network connectivity. During the operational lifetime of the system, some nodes might need to
change their locations so as to keep the network well connected or to obtain better sensing output from the monitored
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Figure 1. GreenOrbs deployment in the campus woodland
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area.
The ground-truth coordinates of the nodes are measured
using an EDM (Electronic Distance Measuring Device) [4].
This requires careful mounting of the EDM on the forest
floor and cooperation between two surveyors. The measurement process is hence very laborious and time-consuming.
So far we have succeeded in measuring the coordinates of
100 nodes, as shown in Figure 1. Thus the observations and
experiments in this paper are mainly conducted using those
100 nodes. The other 230 nodes, although deployed in an
adjacent area, are not shown in the picture.

Observations

As we can see from Figure 1, sensor nodes are deployed
on the forest floor with most of them under dense tree cover,
where GPS usually does not work [7]. Even in areas with less
dense tree cover, our experience shows the errors produced
by a portable GPS device (compared to an EDM) are often
as large as 15m. Thus locating nodes basically comes down
to in-network localization, namely range-based or range-free
approaches. This subsection presents real-world observations on GreenOrbs. The observations illustrate that a single
approach, whether it is range-based or range-free, has apparent limitations in locating a number of nodes in the wild.
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Figure 3. RSSI of different node pairs
so as to provide comprehensive and fine-grained information of the monitored area. Such a rule leads to non-uniform
deployment of sensor nodes, as we can see from Figure 1.
Specifically, some nodes have more than 20 neighbors while
some nodes have less than 5.
The distances between pairs of neighboring nodes also
differ a lot, as shown in Figure 2. The shortest distance is
5m and the longest is around 108m.
Range-free localization (for example DV-Hop) in a nonuniform deployment often incurs large errors. Two nodes are
located to the same position if they have identical hop-counts
to the landmarks. Nevertheless, in reality they might be some
distance from each other.

3.2.2

Irregularity of RSSI

Besides the non-uniform deployment problem, complex
terrain and obstacles (for example shrubs and tree trunks)
also affect signal propagation in the forest. The resulting
RSSI among the nodes is very irregular. Figure 3 plots the
RSSI between many pairs of nodes in GreenOrbs at a certain
time. It further includes a curve, which shows the mapping
between RSSI and the distance based on the log normal shadowing model.
PL(d) = PL(d0 ) − 10 × η × log(

d
) + Xσ
d0

(1)
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Figure 5. Errors of range measurements on the nodes
where PL(d) denotes the reduction in received signal
strength after propagating through a distance d, PL(d0 )
stands for the path loss at a short reference distance d0 , η
is the path loss factor (also named signal propagation constant), and Xσ is a random environment noise following
X∼N(0, σX 2 ). For all the experiments in this work, we set
the parameter values as η = 3.3, Xσ = 6, according to the
empirical results reported in [18].
We can see that the real distances between node pairs differ greatly from the model-based estimations. The mapping
of the RSSI distance is actually very uncertain. Yet RSSI
still offers useful information. In most cases, a stronger
RSSI corresponds to a shorter distance, as is also observed
in [5, 25].

3.2.3

Asymmetry and Dynamics of RSSI

Figure 4 shows the pairwise RSSI between two nodes in
GreenOrbs, along with the temperature and humidity over
time. The distance between A and B is 41.27 meters. We
can see that the RSSI between two nodes is asymmetric. Two
pairwise links probably have unequal RSSI. Moreover, RSSI
is very susceptible to environmental factors, such as humidity and temperature. At different times of a day, the RSSI
over a link is highly variable.

3.2.4

Errors of RSSI-based range measurements

We randomly select a time to collect the RSSI readings
from all 100 nodes. The RSSI are then used for range measurements based on Equation (1). By comparing the con-

verted distances with ground-truth, Figure 5 plots the ranging error of each node. The ranging error is the mean error of
range measurements between a node and each of its neighbors. Generally, if a node has line-of-sight connections with
all its neighbors, the mean error of its range measurement is
small. If a node is mounted on the trunk of a large tree, lies
in a pit, or has a faulty antenna, the mean error is likely to
be large. To indiscriminately use the log normal shadowing
model of RSSI to locate sensors in the wild may introduce
considerable errors.
Interestingly, the fact is that only 9% of the nodes have
large ranging errors (> 5m) and only 18% of the nodes have
small ranging errors (< 1m). The errors of the rest of the
nodes (73%) are between 1m and 5m. Such errors cannot be
easily detected but they seriously degrade the overall localization accuracy.
Here is a brief summary of observations on GreenOrbs.
First, the sensor nodes are deployed with diverse densities in
different regions, causing the non-uniform distribution problem. Second, RSSI over the wireless links is very unstable
and sensitive to various environmental factors. The uncertainty of RSSI is hard to model in practice, therefore; as a
result RSSI-based range measurements exhibit quite diverse
errors. Third, only a small portion of range measurements
are accurate. To make matters even worse, typically only
large ranging errors can be detected or tolerated by the existing approaches.
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Figure 7. Nodes with the same hop counts have different
distances to the landmark

4

DESIGN

We consider locating a network of wireless nodes on a
two dimensional plane by using the connectivity information and RSSI readings. A few nodes, which know their own
coordinates once they are deployed, are used as landmarks.
The design of CDL mainly consists of virtual-hop localization, local filtration, and ranging-quality aware calibration.
Figure 6 illustrates the CDL workflow.
Virtual-hop localization initially estimates node locations
using a range-free method. In order to approximate the distances from the nodes to the landmarks, it counts virtualhops instead of DV-hops, compensating particularly for the
errors caused by the non-uniform deployment problem.
Subsequently, CDL executes an iterative process of filtration and calibration. In each filtration step, CDL uses two filtering methods to identify good nodes whose location accuracy is already satisfactory. Neighborhood hop-count matching filters the bad nodes by verifying a node’s hop-counts to
its neighbors. Furthermore, neighborhood sequence matching distinguishes good nodes from bad ones by contrasting
two sequences on each node. Each sequence sorts a node’s
neighbors using a particular metric, such as RSSI and estimated distance.
Those identified good nodes are regarded as references
and used to calibrate the location of bad ones. Links with
different ranging quality are given different weights. Outliers
in range measurements are tolerated using robust estimation.
In the next three subsections, we elaborate on the design
of the above three phases respectively.

Table 1. Variable Definitions
Definition
a set of all neighboring nodes of node v j
a set of previous-hop neighbor of node v j
a set of next-hop neighbor of node v j
the hop count from node vi to node v j
Min{|Pi | vi is in N j }
Min{|Ni | vi is in Pj }

Virtual-Hop Localization

For the first phase of CDL, Virtual-hop localization initially computes node locations. This is an enhanced version
of hop-count based localization. Compared to the DV-hop
scheme, virtual-hop particularly addresses the issue of nonuniform deployment and improves the localization accuracy
in such contexts. Based on the output of virtual-hop localization, the subsequent localization processes in CDL (filtration
and calibration) are expected to achieve higher accuracy and
efficiency of iteration.

4.1.1

Virtual-hop

For ease of presentation, Table 1 lists several symbols and
notations we use in this paper. To illustrate the virtual-hop
algorithm more clearly, we give an example based on Figure 7. It illustrates an interesting fact. For two nodes that
have equal hop counts to the landmark, the node nearer to
the landmark is likely to have more previous-hop neighbors
and less next-hop neighbors. Let us compare nodes va and
vb in the figure. They are both two hops from the landmark,
but va is apparently closer to the landmark than vb . va has
more previous-hop neighbors and less next-hop neighbors.
This can be represented as following: |Pa | = 2 and |Na | = 0,
while |Pb | = 1 and |Nb | = 3.
Based on above observations, we propose the design of
virtual-hop localization. Each node maintains two types
of hop counts. One of them is the real hop count, based
on which a node determines its previous-hop and next-hop
neighbors. The other is the virtual-hop-count, which is calculated hop by hop. V H jk denotes the virtual hop count from
landmark Rk to node v j . It is the sum of two parts. The first
part is the average virtual-hop-count of V H jk ’s previous-hop
neighbors. The second part is the last virtual-hop-count, that
is, the incremental virtual-hop-count from V H jk ’s previous-
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Figure 8. Comparison of DV-hop and Virtual-hop

4.1.2

hop neighbors to V H jk , denoted by V H jk . We have
|P |

V H jk =

1 j
∑ V H ik + LH jk
|Pj | i=1

(2)

where





|N j |
, |N j | > 0
|N j | + ζ j − 1
LH jk =
|Pj |


, |N j | = 0

|Pj | + ϕ j − 1
By using the numbers of previous-hop neighbors and
next-hop neighbors of relevant nodes as input parameters in
Equation (2), V H jk is quantified as the relative length of the
last virtual-hop of v j . Here we use nodes va and vb as examples to illustrate the improvement to the virtual-hop in figure
7. Node va has two previous-hop neighbors v p and vq , while
vb has only one previous-hop neighbor v p .We can calcite the
virtual-hop of va and vb as follows.
V H pk = 6/(6 + 1 − 1) = 1, V Hqk = 5/(5 + 1 − 1) = 1.
LHak = 2/(2 + 5 − 1) = 0.33.
V Hak = (V H pk +V Hqk )/2 + LHak = 1.33.
Similarly we get V Hbk = 1 + 0.8 = 1.8.
After that, the per-virtual-hop distance regarding landmark Rk is calculated by
∑ ρtk
d˜k =
where Rt is a landmark, t 6= k.
∑ V H tk
p
∑ (Xt − Xk )2 + (Yt −Yk )2
=
∑ V H tk

4.2
(3)

where ρtk is the Euclidean distance between landmarks Rt
and Rk . Each node computes its distance to the landmarks
by
ρ jk = d˜k ·V H jk
(4)
where ρ jk is the estimated distance from v j to Rk . After calculating the distances to the landmarks, each node computes
its coordinates based on trilateration using Least Square Estimation (LSE), which is similar to DV-hop.

Localization Accuracy of Virtual-hop

We now look at our simulation results to compare the accuracy of virtual-hop localization with DV-hop. The setup
includes 100 nodes and 4 landmarks. The simulation results
are shown in Figure 8. We can see virtual-hop outperforms
DV-hop remarkably. The performance gain of using virtualhop varies a lot among different nodes. Compared with DVhop, the localization errors are reduced by 10% ∼ 99%.
By fully exploiting the connectivity information of the local neighborhood, virtual-hop-counts finely characterize the
non-uniform distribution properties and address them with
more precise hop counting. Nevertheless, it is worth noticing that there are still sizable errors (> 5m) at many nodes.
Those nodes with sizable location errors can be identified
and accurately calibrated. We leave the solutions for the next
two sections. Without causing confusion, hereafter we use
“estimated coordinates” to denote the node coordinates before filtration.
Given the estimated coordinates, the iterative process of
filtration and calibration further enhances localization accuracy. This involves the following two design criteria: First,
filtration must identify as many good nodes with high localization accuracy as possible to facilitate calibration. Second,
a good node is likely to have both good and bad links. Only
the good links (with small ranging errors) should dominate
calibration, while the impact of the bad links must be restrained. Filtration addresses the first criterion, while calibration resolves the second.

Local Filtration

Filtration consists of two steps: neighborhood hop-count
matching and neighborhood sequence matching.

4.2.1

Infeasibility of Model-based Filtration

Filtration is very important in CDL. In order to illustrate
its significance, we carry out an experiment to examine the
efficacy of location calibration without differentiating good
nodes and bad nodes before calibration. We call this straightforward model-based calibration indiscriminate calibration.
Using such calibration, every node’s location is adjusted directly based on the distances to its neighbors converted from
RSSI, using the log-normal shadowing model.
Figure 9 compares the localization errors of nodes before
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and after indiscriminate calibration. Surprisingly, we find the
output of indiscriminate calibration to be even worse than
before. Model-based filtration is infeasible, considering the
estimated localization error and irregularity of RSSI.
Based on the information available, there are two ways
to estimate the distances between two nodes, for example
node vi and its neighbor v j . One way is to calculate the distance based on their estimated coordinates, denoted by di0 j .
The other converts the RSSI from v j to vi into a distance
(tentatively named RSSI-distance) based on the log-normal
shadowing model, denoted by di j . Ideally, di j = di0 j . Due
to the errors of estimated coordinates and the error from the
log-normal shadowing model, however; there is often some
difference between them. By summing up the difference
|di j − di0 j | corresponding to every neighbor v j , we can measure the Aggregated Degree of Mismatches (ADM) of v j .
ADM actually reflects the error of a node’s estimated location. For example in Figure 10 (a), node va is a good node
with six neighbors. Among them only node vg is a bad node.
Let v0g denote its estimated location. Clearly the ADM of
node va is mainly caused by v0g . In Figure 10 (b), node va is a
bad node with six good neighbors. The link to every neighbor contributes to the ADM of node va . By comparing these
two figures, we can see the ADM of a bad node is typically
higher than that of a good one. Thus we may distinguish
good nodes from bad ones by contrasting their ADMs.
The above method to quantify ADM, however, relies on
the log-normal shadowing model to convert RSSI into a distance. As we have observed, such conversion is error-prone,
which leads to totally incorrect filtration.

4.2.2

va'
vg

Neighborhood Hop-Count Matching

Every node takes neighborhood hop-count matching as
the first step to identify whether it is a bad node. This mainly
utilizes local connectivity information. Note that hop-count
is indeed a rough estimation of the distance between two
nodes. If a node’s hop-counts to its neighbors greatly mismatches the distances calculated using the nodes’ estimated
coordinates, w.h.p. the local node’s coordinates will have a
large error. We use node vi as an example to illustrate the
matching procedure.
First, every node exchanges its estimated coordinates with

its 2-hop neighborhood.
Second, when vi receives the estimated coordinates of v j ,
it estimates the distance between them, denoted by di0 j .
Third, for each node v j within its 2-hop neighborhood, vi
estimates the hop-count to v j as h0i j = ddi0 j /d˜k e, where d˜k is
the per-hop distance obtained from the nearest landmark Rk
during virtual-hop localization.
Fourth, vi computes its ratio of matched hop-counts
within its 2-hop neighborhood v j as follows:

0
(hi j 6= h0i j )
Hi j =
(5)
1
(hi j = h0i j )
ri =

ri =

1
n

n

∑ Hi j

(6)

j=1

n
1
( ∑ r j + ri )
n + 1 j=1

(7)

where hi j denotes the hop count from vi to v j and n is the
number of its 2-hop neighbors of vi . ri denotes the mean
matched ratio in the neighborhood of vi . If ri < ri , vi regards
itself as a bad node, which has an apparent error in its estimated coordinates. Otherwise, the role of node vi is left
undetermined for further filtration.
Hop-counts actually offer relatively limited information
to filtration. As a result, neighborhood hop-count matching
only identifies a small portion of bad nodes with apparently
wrong coordinates. In order to ensure that all the sifted good
nodes do have satisfactory location accuracy, we need to further filter bad nodes. In the next subsections, we illustrate
our scheme of neighborhood sequence matching.

4.2.3

Neighborhood Sequence Matching

Though model-based straightforward filtration is infeasible, RSSI still offers useful information. Generally, the RSSI
between two nodes decreases monotonically as the node distance increases, as can be observed from the RSSI readings
in Figure 3. Based on this observation, we propose a filtration scheme called neighborhood sequence matching. The
filtration on a node va runs as illustrated in Figure 11.
First, node va sorts its neighbors in descending order with
regard to the RSSI from them, generating a sequence number
for each neighbor. By mapping the sequence numbers into
va , we get the first sequence called RSSI sequence. Let Sa
denote it.
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Sa while a01 , a02 , ..., a0n are the sequence numbers in Sa0 . Since
a1 , a2 , ..., an = a01 , a02 , ..., a0n = 1, 2, ..., n, we have:

Figure 11. Neighborhood sequence matching
Second, according to the estimated coordinates, node va
sorts its neighbors in the ascending order with regard to the
estimated distance to them, generating the second sequence
called distance sequence. Let Sa0 denote it.
In theory, Sa and Sa0 should be identical. If there is significant mismatch between them, it indicates a large error in
the node’s estimated coordinates. We use the same examples
as that in Figure 10 to illustrate the above idea. As shown
in Figure 11 (a), va is a good node while vg is the only bad
neighbor whose location is mistaken as v0g . There is not a
significant mismatch between Sa and Sa0 in this case. Comparatively in Figure 11 (b), when va is a bad node with six
good neighbors, there appears to be significant mismatch between Sa and Sa0 .
Now that the difference between Sa and Sa0 is a measure
of the location error of va , the next step is to quantify their
distance. The cosine distance is a measure of similarity between two vectors by finding the cosine of the angle between
them. One may use the cosine distance to measure the similarity between sequences Sa and Sa0 . However, when the cosine distance is used alone, it cannot sufficiently distinguish
good nodes from bad nodes. Specifically, when a good node
has some bad neighbors with large location errors, the cosine
distance between two sequences of a good node does not apparently differ from that of a bad node. To deal with this
issue, we introduce the LCS (longest common subsequence)
length ratio δa . Let n denote the number of va ’s neighbors.
Then δa denotes the ratio of the length of the LCS between
Sa and Sa0 to n. It is easy to see that the LCS length ratio of a
good node is higher than that of a bad node, so we define the
matching degree Mi between the RSSI sequence and distance
sequence as follows.
Mi = δi ·CosDist i

20

(8)

where n is the number of va ’s neighbors, δi is the proportion of the length of the longest common subsequence
(LCS) between Si and Si0 and n, CosDist is cosine distance
of two sequences, a1 , a2 , ..., an are the sequence numbers in

a1 a01 + a2 a02 + ... + an a0n
q
CosDist = q
0
0
0
a21 + a22 + ... + a2n a12 + a22 + ... + an2

(9)

a1 a01 + a2 a02 + ... + an a0n
=
12 + 22 + ... + n2
Clearly Mi is a better metric to distinguish good nodes
from bad nodes. In Equation (9), a1 , a2 , ..., an are the sequence numbers in Sa while a01 , a02 , ..., a0n are the sequence
numbers in Sa0 . These two sequences are actually two different permutations of 1, 2, ..., n. Thus a1 , a2 , ..., an , a01 , a02 , ...,
a0n , and 1, 2, ..., n are three equal sets.
Generally, when RSSI readings have small errors, RSSI
sequence of a good node still well matches its distance sequence. Even when a small portion of RSSI readings have
relatively large errors, the matching degree cannot be influenced much. Thus the scheme of neighborhood sequence
matching is error-tolerant to interference from background
noise.
We use the same trace as that in Figure 8 to calculate the
matching degree of all the nodes after initial localization.
The results are plotted in Figure 12. Nodes of a matching
degree over 0.6 have location errors of less than 4 meters.
We regard them as good nodes. Nodes of less than 0.4 degree have location errors over 5 meters. We regard them as
bad nodes. The other nodes have matching degrees between
0.4 and 0.6, but their location errors vary from 0.1 to 12 meters. It is by far too hard to decide whether they are good or
bad. Their matching degree is between 0.4 and 0.6, Thus
we tentatively set them as undetermined nodes. τl = 0.4
and τu = 0.6 are two empirical parameters, called the lower
matching threshold and the upper matching threshold. For
ease of expression later, we use Gi as a mark of node vi .
Gi = 0, Gi = 0.5 and Gi = 1 mean vi is a bad node, an undetermined node, and a good node, respectively.
(
0
Mi < τl
0.5
τ l < Mi < τ u
Gi =
(10)
1
Mi > τu

One can increase both thresholds to execute stricter filtration. One can also decrease both thresholds to allow more
nodes to contribute as good nodes in the calibration process.
The tradeoff in the threshold settings could be an interesting
issue to study. We leave it for future work.

4.3

Ranging-Quality Aware Calibration

Given the range measurements between bad node vi and
its good neighbors, the estimation of vi ’s location, denoted
by f ∗ , usually works by minimizing an objective function
over node pairs (i, j), which is denoted by
f ∗ = ∑ g(i, j)

(11)

j

where g(i, j) takes different forms with different approaches.
We use RSSI for calibration, which adjusts the node locations so as to minimize (11).
When least square estimator (LSE) is used,
g(i, j) = (li j , di j )2

(12)

where li j denotes the distance estimated by LSE and di j denotes the RSSI range measurement between vi and its neighbor v j based on the log-normal shadowing model. The problem with LSE is that it does not differentiate between nodes
and links. LSE leads to error diffusion where a bad link will
seriously affect good links. It suffers great errors when outliers are present in locations or range measurements.
Snap-Inducing Shaped Residuals (SISR) [9] outperforms
LSE by assigning different weights to the range measurements with different neighbors.

α(li j − di j )2
|li j − di j | < λ
g(i, j) =
(13)
ln(li j − di j − u) − v
otherwise
where α, λ, u and v are constant parameters. Once a node
is identified as either a good or bad node, its contribution to
the calibration is fixed. SISR actually prefers the situations
where the majority of range measurements are accurate. Otherwise it becomes inefficient, as is shown by the experiments
in Section 5.
To address the limitations of LSE and SISR, our scheme,
called range-quality aware calibration (RQAC), adopts the
weighted robust estimation technique. As the set of undetermined nodes include both good and bad, we only use good
nodes as references and do not include any undetermined
nodes in the calibration. From the viewpoint of node vi , the
ranging quality of its neighbor v j is simultaneously determined by two factors: the location accuracy of v j , and the
ranging error over the link from v j to vi . RQAC estimates
the ranging quality of a good node v j as follows.
|ℜ j |

ω̃ j =

∑ ω0jk · bGk c

(14)

k=1

ω0jk =



1
0

|l jk − d jk | < θ
otherwise

(15)

where θ is a pre-configured parameter. The weight of good
node v j in calibrating bad nodes is defined as a normalized
value of ω̃ j .

ωj =

ω̃ j
|ℜ j |
∑k=1 ω̃k

(16)

We can see that good nodes of different ranging quality
have different weights. A good node has a relatively high
weight if its estimated location is highly accurate and the
ranging quality of all its links (calculated using Equations
(14) and (15)) is good. Otherwise, the weight of the good
node will be relatively low. The objection function of RQAC
is defined as follows.

ω j (li j − di j )2
|li j − di j | < ε
(17)
g(i, j) =
ln(|li j − di j | − ε + 1) |li j − di j | ≥ ε
Note that |li j − di j | is a measure of the ranging error. ω j
and |li j − di j | thus jointly denote the ranging quality from v j
to vi .
As we can see from Equation (17), range measurements
to vi are divided into two classes, according to their ranging
quality. The range measurements with errors less than contribute more to the calibration process by taking the quadratic
form of |li j − di j |. For a range measurement with an error not
less than ε, its contribution is suppressed by taking the logarithmic form of |li j − di j |. Note that g(i, j) is continuous at
|li j − di j | = ε. Moreover, range measurements in the same
class are also differentiated from each other, by taking the
weights of reference nodes (ε j ) into account. In this way,
RQAC respects the contributions of the best range measurements, eliminates the interference of outliers, and suppresses
the contributions from the ranges in-between.
As for the parameter setting in RQAC, a small θ expresses
a conservative calibration strategy. Only a small fraction of
the best range measurements receives enough respect, which
results in highly accurate calibration but likely more rounds
of iterations. A large θ expresses an optimistic calibration
strategy. Many good range measurements make contributions, such as increasing the efficiency of iterations but likely
introducing new errors. Getting an appropriate ε is also important to the effectiveness of RQAC. Basically, a smaller ε
results in more accurate calibration, and also increases the
possibility of falling into the local minimum. In contrast,
a lager ε may cause RQAC to degrade to ordinary LSE. In
our work, we get θ and ε from the empirical results of our
experiments.

5

EVALUATION

We have implemented CDL with GreenOrbs. The performance of CDL is evaluated through large-scale real experiments as well as simulations. For comparison, we have also
implemented three existing localization approaches, namely
DV-hop [16], MDS-MAP(C,R) [21], and SISR [9].
Specifically in MDS-MAP(C,R), the 1-dimensional MDS
is applied first. Then four corner nodes are used as landmarks
for the scaling and rotation of the map in 2-dimensional
MDS. MDS-MAP(C,R) avoids the problem that multiple
nodes are localized to the same location. Its localization performance is usually better than DV-hop. However, bad links
cause big errors in the range measurements. This problem

90

1

Real Location
SISR
CDL

80

0.8
CDF (x100%)

70

Y Axis (m)

60
50
40

0.6

0.4
DV−hop
MDS−MAP(C,R)
SISR
CDL

30

0.2

20
10
0

0
0

20

40

60

80
100
X Axis (m)

120

140

160

Figure 13. Localization results of SISR and CDL
remains unresolved in MDS-MAP(C,R). The estimated coordinates of some nodes still often deviate significantly from
the real ones.
Corresponding to the deployment map in Figure 1, Figure
13 plots the 100 GreenOrbs nodes in a rectangular region.
Four nodes positioned near the border of the deployment area
are selected as landmarks. We have collected the localization
results of all the four approaches.

5.1
5.1.1

Experiments
Comparison among Approaches

Figure 14 plots the cumulative distribution of the localization errors using the four approaches. It is easy to see that
SISR performs better than DV-hop and MDS-MAP(C,R).
Thus we only compare the results of SISR and CDL in Figure 13.
Figure 13 shows that for almost all the nodes, CDL
achieves higher localization accuracy than SISR. A detailed
explanation of the results can be found in Figures 14 and 15.
Using CDL, 100% of the nodes have errors of less than
7 meters, while 65% of them have errors of less than 3 meters. Using SISR, at most 70% of nodes have errors of less
than 7 meters and at most 35% of nodes have errors of less
than 3 meters. It is also interesting to see that CDL achieves
the most consistent performance among the four approaches.
The average localization errors of the four techniques are
8.7m, 5.9m, 4.6m and 2.9m.
From Figure 14, we can see the performance of DV-hop
is the worst. Actually, we observe in the experimental results
that many different nodes are estimated to the same locations
by DV-hop, because they have the same hop-counts to the
landmarks, but their real locations are far each other.
Another interesting finding is that SISR and MDS-MAP
perform similarly. In other words, a node with a large error
in MDS-MAP usually has a large error in SISR too. Moreover, due to the “snap-in” behavior of SISR, it is able to
suppress the negative impact of noisy range measurements.
SISR therefore achieves slightly better accuracy than MDSMAP.
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Figure 14. Overall localization results

5.1.2

Efficiency of Iteration

Note that CDL and SISR both propose iterative localization processes. Other than comparing the overall performance, we conduct experiments to evaluate the efficiency.
As shown in Figure 15, the mean localization errors of
CDL and SISR both decrease as the iterations go on. Their
performances converge after 6 ∼ 8 rounds of iterations. The
localization accuracy of CDL is always better than that of
SISR.
We want to emphasize that, in setting an objective of localization accuracy, the required number of iterations actually determines the communication and computational cost
of a localization approach. By examining the results in Figure 15, we are pleased to see CDL achieves very satisfactory
localization results even after only two rounds of iterations.
The performance gain of a few more rounds of iterations is
also more apparent with CDL than with SISR. The accuracy
of SISR is constantly improved until the 4th round of iteration.
CDL outperforms SISR mainly because of the following
reasons.
First, the initial round of CDL iterations starts with
the output of virtual-hop localization, while SISR starts
from totally undetermined locations. With only straightforward location adjustment, SISR cannot converge sufficiently
quickly. As a result, the localization error of SISR in the first
few rounds of iterations is especially large.
Second, filtration and calibration in CDL explicitly filter
the bad nodes and identify the good nodes and good ranging
quality. Hence, CDL may maximize the contribution of those
good nodes in a calibration and clearly eliminate the negative
impact of bad nodes. Such a capacity is especially preferred
during the first few rounds of iterations, when the number of
good nodes is relatively limited.
On the other hand, SISR conducts calibration without explicit differentiation on the quality of ranging. As we observe with GreenOrbs, there are many mild ranging errors
as shown in Figure 5. SISR is effective only when there is
a relatively small portion of sizable ranging errors. When
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sizable ranging errors widely exist with most of the nodes,
SISR cannot accurately distinguish between bad nodes and
good ones. The consequence is inefficiency in the starting
stage of iterations.
We may notice that after some rounds of iterations, the
localization errors of CDL reach a relatively stable value
and no longer goes down. The errors remaining in the localization results are mainly incurred by a small portion of
bad nodes which cannot be better located. Those bad nodes
do not have a sufficient number of good neighbors or are
likely to have potential ranging errors to almost all their good
neighbors. When usable information from the good neighbors is used up, the localization errors converge. This is a
common fact with CDL and SISR. Increasing the transmission power might be a simple but effective method to improve such a situation. Since this is not the key issue to be
studied in this paper, we leave it for future work.

5.1.3

Bad

9

20

2
0

Good
10

Iterations

12

Number of Nodes

Localization Error (m)

14

Evolution of Node Types

In this subsection, we observe the evolution of node types,
namely good, bad, or undetermined, along with the iterative
filtration and calibration of CDL.
Figure 16 (a) shows the trends in the changing numbers
of good, bad, and undetermined nodes along with 10 iterations. First of all, CDL makes deterministic judgments on
node types (good or bad) for almost all the nodes after 10
rounds of iterations. The effect of calibration is also satisfactory. We can see the number of good nodes quickly increases
as iterations go on.
In order to avoid false positive and negative filtration,
we conservatively leave some nodes with medium values
of matching degrees. Hence there remains a considerable
amount of undetermined nodes in each of the first iterations.
As the filtration and calibration continue, more and more bad
nodes are successfully calibrated by the good ones. The uncertainties of node location decrease, so the undetermined
nodes gradually obtain the opportunity to be identified and
calibrated.
Figure 16 (b) shows the detailed evolutional process of all
the 100 nodes in 10 iterations. Specifically, 31% nodes are
correctly identified to be good from the very beginning. 44%
nodes are initially identified as bad, and then calibrated to be
good. 25% of them are initially undetermined, then identified as bad nodes, and finally calibrated to be good. The rest
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Figure 16. Node type distribution
of the nodes, which count for only 4%, are left undetermined
at the end of 10 rounds of iterations.

5.1.4

The Impact of Environmental Factors

Our observations in Section 3 show that the dynamics
of environmental factors have significant impact on RSSI
among the nodes. RSSI is concerned with the range-based
calibration. It also affects the transmission range of nodes.
Therefore, the dynamics of RSSI are also concerned with the
accuracy of virtual-hop localization. Thus, it would be interesting to investigate how the localization approaches perform
under different environmental conditions.
Figure 17 plots the localization results of the four approaches under two representative conditions in GreenOrbs.
Since GreenOrbs collects humidity data, we are able to monitor the humidity over time while carrying out localization
experiments.
Actually, RSSI is affected by both temperature and humidity. Note that in Figure 4 (b), temperature and humidity
presents completely inverse trends of variation. We believe
the humidity data alone is sufficient for us to evaluate the
impact of both humidity and temperature.
As we can see from Figure 17, all four approaches achieve
better performance with higher humidity. Recall the experience reported in [13], RSSI increases with increasing humidity. A larger RSSI results in a longer transmission range,
so that a node has more neighboring nodes, and in turn has
better chance of being calibrated. The problem with nonuniform deployments is also mitigated, because a node obtains more information of locations and connections from its
neighborhood.
This group of experiments implies that environmental factors do matter in localization. One may expect to achieve
higher localization accuracy in weather conditions when the
wireless signals are relatively stable and strong. When we
make judgments on the quality of a localization approach,
the environmental conditions of the localization being executed should definitely be considered.

5.2

Simulation

Besides the above experiments based on the implementation of CDL in GreenOrbs, we have carried out extensive
simulations to evaluate the performance of CDL. We examine the location accuracy of CDL by tuning a series of parameters such as node density, the number of landmarks, and the
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relative ranging errors. The simulation results of DV-hop,
MDS-MAP(C,R), and SISR are also presented for a more
comprehensive comparison.
In the simulations, nodes are randomly deployed in a
500m*500m square region. We set the transmission range
of nodes to be 30m.

5.2.1

Mean Localization Error (m)

Localization Error (m)

MDS−MAP

Mean Localization Error (m)

25
DV−hop

Node Density

The node density (ND) is the average number of one hop
neighbors of a node. It is often an important factor in localization. In this group of simulations, we keep the number
of landmarks constant in the network and tune the node density by changing the number of nodes. We set the number
of landmarks equal to 6 and the percentage of bad links to
25%. To simulate the range measurements on the bad links,
we let the relative ranging errors on the links conform to a
Gaussian distribution, denoted by N(0.5, 0.1).
Figure 18 compares the converged value of mean localization errors using the four approaches. For DV-hop and
MDS-MAP(C,R), since they are not iterative methods, we
just present their localization results from one time of execution. The curves in Figure 18 show that a higher node
density results in higher location accuracy for all the four
approaches.
Specifically, DV-hop performs very poor when the node
density is low. This is because the non-uniform deployment problem appears to be more serious with sparse deployments. When the node density increases, the non-uniform
deployment problem is mitigated and the localization accuracy is thus improved.
For MDS-MAP(C,R), a high node density makes the total
length of a shortest path between two nodes correspond well
to their Euclidean distance. With a higher node density, it is
also easier for SISR to obtain enough good range measurements for localization.
As for CDL, it is least susceptible to low node density
among the four approaches, because virtual-hop localization
already addresses the non-uniform deployment problem to a
certain extent. Another advantage of CDL is that even with
a limited number of good nodes, it still can make efficient
filtration and calibration.
Nevertheless, node density does matters for CDL as well.
As the node density goes up, the mean localization error
quickly drops and then gradually converges. A higher node
density usually results in better accuracy of virtual-hop local-
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ization. Moreover, as the node density increases, the chances
for CDL to make more efficient filtration and calibration also
get better.

5.2.2

Impact of the Number of Landmarks

Due to the complexity of deployments and location measurements of WSNs in the wild, there are usually a limited
number of landmarks. Thus it is worth examining how CDL
works with different numbers of landmarks. In our simulation, we tune the number of landmarks from the minimum
required number (that is, 3) to a relatively large number,
namely 16. The total number of nodes is 1000. The node
density ND = 12 and the percentage of bad links is 25%. All
four approaches perform well with such settings, according
to the previous experimental results.
Figure 19 plots the mean localization errors of the four
approaches as the number of landmarks is increased. We
can see that MDS-MAP(C,R) and SISR are less sensitive to
the number of landmarks than DV-hop and CDL. The main
reason is that landmarks are not involved throughout the localization process with MDS-MAP(C,R) and SISR. For example, SISR first generates a relative location map of the
network and then transforms it to absolute positions when
sufficient landmarks are available.
On the other hand, DV-hop simply relies on counting hops
to the landmarks to calculate the node locations. CDL is
also a bit affected by the number of landmarks, because it
includes virtual-hop localization as a component. Yet we notice that CDL performs slightly worse than SISR only when
there are three landmarks. The localization accuracy of CDL
is improved remarkably by adding one or two landmarks to
the network. Overall, six landmarks are more than enough
for CDL to achieve satisfactory performance.

5.2.3

Ranging Error

Considering the ubiquitous ranging errors and poor overall ranging quality in the wild, the robustness of a localization approach against such interfering factors is the last but
not least metric we want to evaluate. For this purpose, we
conduct a group of simulations with 1000 nodes. Node density ND is set to 12 and the number of landmarks to eight.
We use two parameters to control the degree of ranging
errors. The first one is the percentage of bad links which is
respectively set at 0%, 10%, 20%, 30%, 40%, and 50%. The
other parameter is the relative ranging error. We assume in
the simulations that the links on a node are either all good
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Figure 20. Comparison of localization errors
or all bad. The relative ranging error of a link conforms to a
Gaussian distribution N(µbad , 0.2µbad ), where µbad denotes
the average of relative ranging error and set at 0%, 10%,
20%, 30%, 40%, and 50%, respectively. Meanwhile, we assume the links are asymmetric.
Figure 20 plots the mean localization errors of MDSMAP (C,R), SISR, and CDL under different settings. We
find MDS-MAP (C,R) is relatively insensitive to the changes
of ranging errors, because it mainly relies on connectivity information instead of inter-node ranging. All MDSMAP(C,R) results have localization errors of more than 2m,
even when all links are good.
SISR generally performs better than MDS-MAP(C,R)
and specifically well when the percentage of bad links is less
than 30%. The mean localization errors are less than 2m due
to the “snap-in” behavior of SISR. Its performance seriously
degrades when the percentage of bad links gets above 30%,
in accordance with our analysis in Section 4.3.
Compared to SISR, CDL has even better performance.
When all the links are good, its localization errors reach near
zero. Even when there are 50% bad links, CDL still perform
robustly enough. The mean localization error is around 5m.
This group of simulation shows the remarkable advantages
of CDL in extremely complex environments.

5.2.4

Overhead Analysis

Though cost is not the first concern of localization, we
analyze the communication cost in each phase of CDL. Let m
denote the number of beacon nodes and k denote the average
node degree.
In virtual-hop localization, landmarks flood their coordinates to all the other nodes. The communication cost for
each ordinary node is O(m). Each node exchanges relevant
information with its one-hop neighbors to estimate the virtual hop-counts. The communication cost is O(k). Finally,
landmarks flood their per-virtual-hop distance and the cost
is O(m). The overall communication cost for each node in
virtual-hop localization is thus to O(k).
In local filtration, the major communication cost of a node
is incurred by information exchange with its one-hop/twohop neighbors. Thus the communication cost in this phase is
O(k2 ).
n RQAC, all cost is incurred by local computation and
thus ignorable, compared to the communication costs in the

previous two phases.

6

CONCLUSION

Localization has received substantive attention in the research community over the past decade. Yet the state-ofthe-art schemes remain immature indeed, especially when
it comes to real-world WSNs in complex environments.
This paper presents our experience of localization with
GreenOrbs, a system in the forest with a number of factors
that can interfere with localization, such as environmental
dynamics, obstacles, channel noise, and signal irregularities.
Aiming at efficient and accurate localization, our design
called CDL is engaged in a step-by-step process to pursue
the best ranging quality. We have implemented CDL and
carried out extensive experiments and simulations. The results demonstrate that CDL outperforms existing approaches
with high accuracy, efficiency, and consistent performance in
the wild.
We share our real-world experience, design, and evaluation with the community. Though this work cannot be generalized to every possible case, the community may well
benefit from our understanding of the practical challenges
of localization in the wild as well as promising directions.
GreenOrbs will continue the pursuit of ranging quality in its
future expansion and development.
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